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Abstract— A novel 3D model retrieval system based on the 

machine learning approach is proposed in this work. This 
approach can be integrated with any existing 3D model matching 
algorithm which includes 3D model feature extraction and 
distance computation. By calculating the variance of each 
component among all feature vectors and removing those 
components with a larger variance, we can reduce the feature 
dimension. Furthermore, we derive the SVM classifier based on 
features extracted from the training set. We conduct 
experiments using the McGill Articulated Shape Benchmark 
database [1] for 3D model classification and retrieval, and 
demonstrate a significant performance improvement in the 
precision-recall curves. 

I. INTRODUCTION 

The number of 3D models has increased rapidly in the last 
decade. A large amount of research has been conducted on the 
development of an automatic 3D model retrieval system with 
a focus on retrieval accuracy characterized by precision and 
recall. 

One of the key ingredients in a 3D model retrieval system 
is feature extraction. To be qualified as a good shape feature, 
it should possess high discriminant power and be invariant to 
various transformations. Generally speaking, shape features of 
3D models can be categorized into several types; namely, 
statistics-based [2], visual-similarity-based [3][4], transform-
based [5], and skeleton-based [6] methods. 

The retrieval system computes the distance between any 
pair of shape features. If a pair of models is similar, the 
feature distance will be smaller, too. Hence, for a given 3D 
model, we can retrieve similar 3D models by computing the 
distance of its features and those of 3D models in the database. 
This is known as “content-based 3D model retrieval”. We 
refer to [7]-[9] for detailed survey on this research topic. 

There has been little work on feature dimension reduction 
in the context of content-based 3D model retrieval. One 
reason could be that the number of 3D models is large and it 
would be difficult to select a subset of features that are much 
more important than others a priori. In this work, we would 
like to address this problem from a new angel. That is, for a 
given set of models, we adopt a machine learning approach to 
learn the classifier in the training stage. Then, we use the 
obtained classifier to retrieve models in the test stage. There 
are two major advantages with the proposed approach: 1) 
lower complexity in the test stage and 2) better retrieval 

performance in terms of the precision-recall tradeoff. 
The rest of this paper is organized as follows. We first 

review several well-known shape features for 3D model 
retrieval in Section II. The proposed class-dependent feature 
learning and selection approach is described in Section III. 
Experimental results are reported and performance evaluation 
is conducted in Section IV. Finally, concluding remarks and 
future research topics are given in Section V. 

II. SHAPE FEATURES EXTRACTION AND DISTANCE 

COMPUTATION FOR 3D MODEL MATCHING 

In this section, we review features and their distance 
computation used in 3D model matching and retrieval. 
 D2 (Distance between 2 random points) [2]. It is a 

method that measures the histogram of Euclidean 
distances between pairs of randomly selected points on 
the surface of a 3D model. The number of histogram bins 
is chosen as 1024 so that the length of a D2 feature vector 
is 1024. 

 LFD (Light Field Descriptor) [3]. The light field cameras 
are put on 20 different views uniformly distributed over a 
3D model. Since the silhouettes projected from two 
opposite vertices are identical, 10 different silhouettes are 
produced for a 3D model. To be robust against rotations 
among 3D models, a set of 10 LFDs is applied to each 3D 
model. Therefore, it is a method that represents a 3D 
model by 100 silhouettes (10 views per group) rendered 
from uniformly distributed viewpoints over a hemisphere 
and the silhouette is encoded by a feature vector with 47 
entries including 35 Zernike moments, 10 Fourier 
coefficients, 1 eccentricity and 1 compactness. The length 
of an LFD feature vector is 4700. For any 3D model, 
even a simple one, 10 descriptors are created, and 10 
silhouettes are represented for 20 viewpoints in each 
descriptor. Therefore, a total of 100 silhouettes will be 
rendered and the length of an LFD feature vector for any 
3D model is 4700. 

 SHD (Spherical Harmonic Descriptor) [5]. It is a method 
that describes a 3D model as a feature vector consisting 
of spherical harmonic coefficients, which are extracted 
from three spherical functions giving the maximal 
distance from the center of mass as a function of a 
spherical angle. The length of a SHD feature vector is 
544. 
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 PS (linearly Parameterized Statistics) [10]. It is a method 
that uses a combination of three vectors (i.e., the moment 
of inertia, the average distance of surfaces from the axis, 
and the variance of distances of surfaces from the axis.) 
Values in each vector are discretely parameterized along 
each of the three principal axes of inertia of the 3D model. 
The length of a PS feature vector is 567. 

 AAD (Absolute Angle Distance) [11]. It is a method that 
computes the features by first converting a surface-based 
input model into an oriented point-set model and then 
computing joint 2D histogram of distance and orientation 
of pairs of points. The length of an AAD feature vector is 
256. 

 SPRH (Surflet-Pair-Relation Histograms) [12]. It uses the 
modified SPRH [13] to extract features of a 3D model. 
The length of a modified SPRH (mSPRH) feature vector 
is 625. 

 
The dimensions of feature vectors discussed in above are 

summarized in Table I. After obtaining shape features of 3D 
models, we will analyze these features and select the subset of 
most discriminant features for a given class of models 
automatically using a machine learning approach as described 
in the following section.  

III. FEATURE DIMENSION REDUCTION AND SVM CLASSIFIER 

TRAINING 

The block-diagram of the proposed 3D model retrieval 
system is shown in Fig. 1. It consists of the following three 
main modules: 

1. Pre-processing for feature dimension reduction; 
2. Feature learning via support vector machine (SVM); 
3. Post-processing of learned features. 
They will be detailed in the following sub-sections. 

A. Feature Dimension Reduction 

We can adopt any feature extraction method as described in 
Section 2. Once the features of 3D models are extracted, we 
conduct the preprocessing task to reduce the complexity of 
task performed in the later stages. It consists of the following 
4 steps. 

1. Feature Extraction. Use any feature selection method to 
obtain a feature vector for a 3D model. 

2. Feature Matrix Construction. Build a feature matrix that 
has dimension M x L, where M is the number of 3D 
models of consideration and L is the length of feature 
vectors. We have M=255 and L equal to a value in Table 
1 (depending on the method to be selected) in our 
experiment. Each row provides a feature vector of a 3D 
model. 

3. Column Variance Computation. Calculate the variance 
for each column in the feature matrix. 

4. Feature Dimension Reduction. Discard columns with 
larger variances. The number of columns to be 
eliminated depends on the feature selection method. We 
observe that 5-25% of columns having larger variances 
can be discarded without loss of accuracy and even with 
an increase in accuracy. 

 
The rationale of Step 4 in above can be intuitively 

explained as follows. Each column provides some information 
to differentiate 3D models, and we can treat each column as 
an estimator. Based on the following Cramer-Rao inequality, 
we have 

var ≥ 1 ⁄ J  ,                                       (1) 
 

where J is the Fisher information and var denotes the 
estimator-variance. For those columns of a larger variance 
value, they do not provide useful information for estimation. 
They may even have a negative impact on the estimation 
result. Thus, we can discard columns with a larger variance to 
lower the complexity and improve the estimation accuracy. 

B. Training of SVM Classifier 

In this module, we would like to explain how to get the 
SVM classifier from the training data. The training, testing, 
and cross-validation steps are described as follows. 

1. Feature Vector Labeling. Label each feature vector, 
which is a row of the feature matrix, with value i if the 
model belongs to class i. 

2. Linear Scaling. Linearly scale training and testing data. 
Every entry in a feature vector is a sub-feature.  We 
scale each column linearly to range [0, 1]. This is 
conducted to avoid the dominance of attributes with a 
large dynamic range over those with a smaller dynamic 
range. 

3. N-Fold Cross-Validation.  We divide the entire database 
of 3D models N subsets of equal size (or nearly equal 
size) where each subset consists of about the same 
number of 3D models from each class. Then, we choose 
1 subset as the testing set while using the other N-1 
subsets as the training set. This process is repeated for N 
times where each subset is used as the testing set once. 
The technique, called the N-fold cross-validation, is 

 
TABLE   I 

SUMMARY OF FEATURE VECTOR DIMENSIONS 

Feature D2 LFD SHD PS AAD mSPRH

Length (L) 1024 4700 544 567 256 625 

 

Fig. 1   The block-diagram of the proposed 3D model retrieval system. 



employed to average the testing results and increase the 
confidence level. 

4. Kernel Selection
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Here the training feature vectors xi are mapped into a 
higher dimensional space by function φ. Furthermore, 
𝐾𝐾(𝐱𝐱𝑖𝑖 , 𝐱𝐱𝑗𝑗 ) ≡ 𝜑𝜑(𝐱𝐱𝑖𝑖)𝑇𝑇𝜑𝜑�𝐱𝐱𝑗𝑗 �  is called the kernel function. 
Two commonly used kernel functions are 

. Given a training set of feature-label 
pairs (xi, yi), i = 1, …, l, where xi ∈Rn and yi ∈{1, -1}l, 
the SVM  requires the solution of the following 
optimization problem: 

• Linear:  
𝐾𝐾�𝐱𝐱𝑖𝑖 , 𝐱𝐱𝑗𝑗 � = 𝐱𝐱𝑖𝑖𝑇𝑇𝐱𝐱𝑗𝑗  

• Radial basis function:  
𝐾𝐾�𝐱𝐱𝑖𝑖 , 𝐱𝐱𝑗𝑗 � = 𝑒𝑒𝑒𝑒𝑒𝑒 �−𝛾𝛾�𝐱𝐱𝑖𝑖 − 𝐱𝐱𝑗𝑗 �

2� , 𝛾𝛾 > 0  
where 𝛾𝛾 is  the kernel parameter. 
The radial basis function (RBF) kernel is often used as 
the kernel when the dimension of the feature vector is 
low. On the other hand, if the dimension of the feature 
vector is high, which is our current case, the nonlinear 
mapping does not improve the performance much. Thus, 
we choose the linear kernel for the SVM algorithm in 
our experiment.  

C. 3D Model Classification 
Every 3D model needs an index value to represent itself. 

Here, we assign a 3D model with the following new index: 
 

F = i*∙10 + r,                                      (3) 
 

where i* is the new class index number and r is a random 
number in the unit interval (0,1). The reason to multiply the 
new class index i* by 10 is to separate the index value of 3D 
models in different classes. We can view F as one additional 
feature of the K-SVM method, where K could be any of D2, 
LFD, SHD, PS, AAD and mSPRH in our experiments. 

When each 3D model is predicted with a new class index i*, 
the classification accuracy can be determined by comparing 
the predicted new class index and its ground-truth. If i = i*, it 
means that this is a correct classification result. Otherwise, it 
is a wrong classification result. The distance matrix can then 
be constructed by calculating the distance between every pair 
of 3D models’ new feature F. Thus, we can plot performance 
curves such as the precision-recall (P-R) curves accordingly. 

IV. EXPERIMENTAL RESULTS 

We choose the McGill Articulated 3D model database, 
which contains 255 models with 10 classes in our experiments. 
The feature matrix has a size of 255 x L, where L is the length 
of the feature vector. In the training of SVM classifiers, we 

use the LIBSVM library [14]. In the cross-validation step, we 
divide the entire set of 3D models into N = 5 subsets. One 
subset is sequentially tested using the classifier trained based 
on the remaining 4 subsets. We will report the 3D model 
classification and retrieval performance in Sec. IV.A and Sec. 
IV.B, respectively. 

 

A. Classification Performance 
First, we study the performance of 3D model classification 

and compare the accuracy and complexity. We implement the 
6 methods as described in Section II. Furthermore, we 
implement the proposed dimension-reduced features as well 
as the SVM-based feature training and testing process in 
association with each method. In the feature dimension 
reduction process, we discard columns having the largest 
variance values gradually and find the best classification 
accuracy with respect to the number of columns. Thus, it is a 
result obtained from exhaustive search. The results are 
showed in Table II. 

As shown in Table II, we see that the use of the dimension-
reduced feature to learn a 3D model classifier improves the 
classification accuracy as well as reduces the training and 
testing complexity.  

B. Retrieval Performance 
Next, we examine the performance of content-based 3D 

model retrieval. The precision-recall plot is a common tool in 
evaluating the retrieval performance. For each query model in 
class i and any number N of top matches, “recall” and 
“precision” are defined as [7]: 
 
 

𝑟𝑟𝑒𝑒𝑟𝑟𝑟𝑟𝑙𝑙𝑙𝑙 =
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𝑒𝑒𝑟𝑟𝑒𝑒𝑟𝑟𝑖𝑖𝑚𝑚𝑖𝑖𝑚𝑚𝑖𝑖 =
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𝑟𝑟ℎ𝑒𝑒 𝑟𝑟𝑚𝑚𝑒𝑒 𝑁𝑁 𝑚𝑚𝑟𝑟𝑟𝑟𝑟𝑟ℎ𝑒𝑒𝑚𝑚
 

 

 
TABLE   II 

ACCURACY AND COMPLEXITY OF 3D MODEL RETRIEVAL 

feature 
type 

Original feature 
matrix 

Dimension-Reduced feature 
matrix 

no. of 
columns accuracy no. of 

columns accuracy 
saved 

training 
time 

D2 1024 79.6078% 
(203/255) 768 82.3529% 

(210/255) 25% 

LFD 4700 89.0196% 
(227/255) 3760 89.4118% 

(228/255) 20% 

SHD 544 89.4118% 
(228/255) 462 90.5882% 

(231/255) 15% 

PS 567 62.3529% 
(159/255) 482 62.7451% 

(160/255) 15% 

AAD 256 92.9412% 
(237/255) 233 93.3333% 

(238/255) 9% 

mSPRH 625 7.84314% 
(20/255) 562 93.3333% 

(238/255) 10% 

 
 



 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 

 
 

A
the t
more
retri
in te
meth

1)
2)
3)

Th
meth
row)
botto

A
rema
inco
inter
alon
meth
impr
for 2
train
the p
mSP
thos
mSP

 
 

Fig.
featu

A perfect retrie
top of the plot
e towards th
eval performa
erms of the 
hods described
) the original m
) its improved
) its improved

reduction an
he results ar
hods are D2, 
) and PS, AD
om row). 

As compared 
arkable impro

orporating SV
resting to poin

ne or joint FDR
hods, it deman
rovement for m
255 models fro
ning of the SV
performance o
PRH. With th
e similar feat

PRH+FDR+SV

 2   Comparison 
ure dimention redu

eval result wi
t (with precisi
he upper righ
ance. We com
precision-rec

d in Section II
method (K); 

d version by in
d version by in
d SVM (K+FD

re shown in 
SHD, and LF
DD and mSP

with the ori
ovement in 

VM and/or j
nt out that, al
R/SVM offers
nds joint FDR
mSPRH. Sinc
om different c

VM classifier.
of mSPRH+SV
e FDR in mS
tures will be g
VM performs 

of the precision-r
uction and SVM 

ill give a hori
ion = 1). Thus
ht position in

mpare the retri
call curves fo
I with three va

ncorporating S
ncorporating f
DR+SVM). 
Fig. 2, wher

FD (from left t
PRH (from le

iginal method
the retrieval 
joint FDR/S
lthough the u
s similar impr
R/SVM to ach
ce some of the
classes are sim
. This could b
VM is much w
SPRH, the sim
greatly reduce
much better t

recall curves for t
training, where th

izontal line ac
s, a curve that
ndicates a b
ieval perform
or each of th
ariants: 

SVM (K+SVM
feature dimen

re the 6 orig
to right of the
ft to right of

d, we observ
performance

SVM. It is 
use of either S
rovement for m
hieve perform
e mSPRH feat
milar, it affects
be the reason 
worse than th
milarities betw
ed, and hence
than mSPRH.

three methods (or
he 6 different fea

(from left t

cross 
t lies 
etter 
ance 
he 6 

M); 
nsion 

ginal 
e top 
f the 

ve a 
e by 
also 

SVM 
most 
ance 
tures 
s the 
why 
at of 

ween 
e the 

A
this
othe
incr
to 
emp
resu
the 
buil
disc
plot

[1]

[2]

[3]

[4]

[5]

riginal feature set
ature sets are D2, 
to right of the bot

An SVM-based
 work. This sy
er methods an
reasing the Fis
train a class

ployed to in
ults were give
proposed app

lt upon a well
crimination ab
ts. 

J. Zhang, R. 
Shape 
shape/benchM
R. Osada, T. 
distributions,”
D.-Y. Chen, X
visual simila
Eurographics 2
Z. Lian, A. G
Shape Retriev
pp. 25-36. 
M. Kazhdan, 
invariant sph
descriptors,” in

ts, original feature
SHD, LFD (from
ttom row). 

V. CO

d 3D model r
ystem can ana
nd reduce its 
sher informati
sifier and a 

ncrease predic
n to demonstr
proach. Since
l-trained class
bility, which i

REFER

Kaplow, R. C
Benchmark,” 

Mark/, 2005. 
Funkhouser, B
 ACM TOG, vo
X.-P. Tian, Y.-
arity based 3
2003, 2003, vol

Godil, and X. 
al Using Bag-o

T. Funkhouser
herical harmon
n Proc. SGP’03

e sets with SVM 
m left to right of th

ONCLUSION 

etrieval system
alyze the featu
dimension ba
ion. The SVM

cross-validat
ction reliabil
rate the superi
e the classific
sifier, it can po
s verified in t

 

RENCES 

Chen, and K. S
http://

B Chazelle, and
ol. 21, no. 4, pp
-T. Shen, and 
3D model re
l. 22, pp. 223–2
Sun, “Visual S

of-Features,” in 

r, and S. Rusi
nic representat
3, 2003, vol. 43

training, and orig
he top row) and P

m was propos
ure set provide
ased on the id
M algorithm is 

tion techniqu
lity. Experim
ior performan

cation techniq
ossess much b
the precision-r

Siddiqi, “McGi
/www.cim.mcg

d D Dobkin, “S
p. 807– 832, 20
M. Ouhyoung

etrieval,” in 
232. 
Similarity base
Proc. SMI’10,

inkiewicz, “Ro
tion of 3D 
, pp 156–164. 

ginal feature set w
PS, ADD and mS

sed in 
ed by 

dea of 
used 

ue is 
mental 
nce of 
que is 
better 
recall 

ill 3D 
gill.ca/ 

Shape 
02. 
, “On 
Proc. 

ed 3D 
 2010, 

otation 
shape 

with 
PRH 



[6] H. Sundar, D. Silver, N. Gavani, and S. Dickinson, “Skeleton 
based shape matching and retrieval,” in Proc. SMI’03, 2003, pp. 
130–139. 

[7] P. Shilane, P. Min, M. Kazhdan, and T. Funkhouser, “The 
Princeton Shape Benchmark,” in Proc. SMI’04, 2004, pp. 167–
178. 

[8] Y. Yang, H. Lin, and Y. Zhang, “Content-based 3-D model 
retrieval: A survey,” in IEEE Transactions on Systems, Man, 
and Cybernetics - Part C: Applications and Reviews, Vol.37, No. 
6, Nov. 2007. 

[9] J. W. Tangelder and R. C. Veltkamp, “A survey of content 
based 3D shape retrieval methods,” Multimedia Tools and 
Applications, vol. 39, no. 3, pp. 441–471, 2008. 

[10] R. Ohbuchi, T. Otagiri, M. Ibato, and T. Takei, “Shape-
similarity search of three-dimensional models using 

parameterized statistics,” in the proceedings of the Pacific 
Graphics 2002. 

[11] R. Ohbuchi, T. Minamitani, and T. Takei, “Shape-similarity 
search of 3D models by using enhanced shape functions,” 
International Journal of Computer Applications in Technology 
(IJCAT), pp.70-85, Vol.23, No. 2/3/4, 2005. 

[12] E. Wahl, U. Hillenbrand, and G. Hirzinger, “Surflet-Pair-
Relation Histograms: A Statistical 3D-Shape Representation for 
Rapid Classification,” in proceedings Forth International 
Conference on 3-D Digital Imaging and Modeling (3DIM 2003), 
pp.474-481, 2003. 

[13] R. Ohbuchi and Y. Hata, “Combining Multiresolution Shape 
Descriptors for 3D Model Retrieval,” in Proc. WSCG’2006, 
2006. 

[14] C.-C. Chang and C.-J. Lin, “Libsvm: a library for support vector 
machines,” 2001. http://www.csie.ntu.edu.tw/~cjlin/libsvm .

 


	APSIPA 2011 - KH Liu, PY Chiang, CC Jay Kuo revised version v2 p3.pdf
	A Machine Learning Approach to 3D Model Retrieval
	Classification Performance
	Retrieval Performance



